
Let (X,B, µ) be a complete, finite measure space. For each sets A,B ∈ B,
define

d(A,B) = µ(A∆B)

where A∆B is the symmetric different of A and B:

A∆B = (A ∪ B)\(A ∩ B) = (A\B) ∪ (B\A)

Introduce the equivalence relation on the family of all measurable sets by
declaring A and B equivalent if d(A,B) = 0. Let E be the space of equiv-
alence classes. Prove that d introduces a metric on E and that (E, d) is a
complete metric space.
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