Section 4:  Sets of Measure Zero
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4.1 Definition:  A set  in  is a set of 

measure zero if for each 0 there is a 

countable collection {} of open interval

s such that 
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4.2 Defintion:  A set E in  is a null se

t if there is a nondecreasing sequence (

g) 

of nonnegative step functions such that 

(g(x)) diverges to  for each xE while (g

)

converges.
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4.3 Proposition:  A set E in  is a null 

set if and only if it is of measure zero
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4.4 Proposition:  If (h) is a nonincreas

ing sequence of nonnegative step functio

ns on 

 and lim0, then lim0 for almost all x.
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4.5 Propostion:  If h is a nonincreasing

 sequence of nonnegative step functions 

and 

lim0 for almost all x, then lim0.
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