With respect to the ideal 

I=<2,x> in Z[x]

 I believe this ideal is maximal because one theorem I have read suggests to me that all maximal ideals of Z[x] are in the form <p, f(x)> where p is prime and f(x) is an element of Z[x] and irreducible mod p.  It appears that <2,x> fits this description.

Did I understand correctly that <2,x> is maximal, and if so, how would you show this?  

Words of explanation appreciated in the proof.
